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ABSTRACT: A long-distance hop of diffusive nanoparticles (NPs) in crowded
environments was commonly considered unlikely, and its characteristics remain
unclear. In this work, we experimentally identify the occurrence of the intermittent
hops of large NPs in crowded entangled poly(ethylene oxide) (PEO) solutions, which
are attributed to thermally induced activated hopping. We show that the diffusion of
NPs in crowded solutions is considered as a superposition of the activated hopping and
the reptation of the polymer solution. Such activated hopping becomes significant
when either the PEO molecular weight is large enough or the NP size is relatively
small. We reveal that the time-dependent non-Gaussianity of the NP diffusion is
determined by the competition of the short-time relaxation of a polymer entanglement
strand, the activated hopping, and the long-time reptation. We propose an exponential
scaling law τhop/τe ∼ exp(d/dt) to characterize the hopping time scale, suggesting a
linear dependence of the activated hopping energy barrier on the dimensionless NP
size. The activated hopping motion can only be observed between the onset time scale
of the short-time relaxation of local entanglement strands and the termination time scale of the long-time relaxation. Our findings on
activated hopping provide new insights into long-distance transportation of NPs in crowded biological environments, which is
essential to the delivery and targeting of nanomedicines.
KEYWORDS: hopping diffusion, non-Gaussianity, activated energy barrier, crowded polymer solutions

■ INTRODUCTION

The diffusive motion of nanoparticles (NPs) in heterogeneous
environments is intriguing as it exhibits the mesoscopic
behavior that is distinct from the classical Brownian motion.
Examples are abundant in polymer solutions,1−3 porous
media,4−8 and especially biomacromolecular environ-
ments.9−14 Understanding the transport mechanism of NPs
in these confinements has become a great challenge, which is
also of crucial importance to the improved permeability and
targeting of nanomedicines and various basic biological
processes.15−17 Previous studies have demonstrated that the
diffusion of NPs in complex fluids is influenced by the intrinsic
structure of the surrounding medium.1,11,18 At short times, the
NPs’ motion is restricted by the surrounding structures,
manifesting a sublinear mean square displacement (MSD),
while at long times, the MSD is seemingly Fickian. The
recently reported “anomalous yet Fickian” phenomenon
further indicated the unusual dynamics of NPs in dilute
polymer solutions,19,20 in which the non-Gaussianity in the
displacement probability distribution (DPD) was observed,
despite the simultaneous appearance of the linear MSD. This
non-Gaussian behavior in dilute solutions has been connected
to the regular hopping diffusion that occurs when the size of a
NP is smaller than the typical mesh size of the polymer
networks.19−21 It was well accepted that the NP can directly

diffuse through the adjacent mesh and exhibit larger displace-
ments and a non-Gaussian DPD. Therefore, in dilute solutions,
this regular hopping diffusion has been deemed as the
dominant mechanism that leads to the non-Gaussian
anomaly.19,21,22

However, whether the mechanism of the hopping diffusion
in dilute solutions can be applied to more crowded media is
unclear.18,20,23 A long-distance hop of NPs in crowded media
was thought to be unlikely because the typical mesh size of the
crowded environments becomes much smaller than the NP
size. Yet, such phenomenon, often referred to as a “rare event”,
has been observed in some crowded biological environ-
ments.24,25 This long-distance hop may play an essential role in
many biological processes,16,18,19 while its physical origin needs
to be clarified. The above-mentioned regular hopping diffusion
in dilute solutions cannot explain the long-distance hops in
crowded solutions because of the smaller mesh size and the
stronger confinement. A new possible mechanism for a NP
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with a size exceeding the adjacent mesh size to diffuse over the
confinement cage, which is termed thermally induced activated
hopping, has been proposed recently.23,26 In particular, the
activated hopping of the NP can occur by overcoming a free
energy barrier between neighboring cages. Although a few
theoretical studies have investigated the possibility of the
activated hopping occurring in crowded solutions, the detailed
microscopic dynamics and statistical feature of the NP remain
elusive. The understanding and characterization of the
activated hopping dynamics of NPs in crowded solutions are
largely hindered by the absence of reliable experimental data,
especially considering the difficulty for common correlation
spectroscopy to measure DPD and non-Gaussianity.18,21 In

addition, experimentally clarifying the factors influencing the
activated hopping in crowded solutions is urgently expected by
numerical investigations.27−30 Note that the mechanism of the
activated events has been applied to various systems from
glassy material to nanocrystal;31−33 we believe that a systematic
investigation of the activated hopping would draw broad
research interest in nanoscience.
Herein, we conduct experimental investigation to identify

the occurrence of the activated hopping and clarify the
associated features and time scales with a wide range of
concentrations and molecular weights. We will show that the
diffusion of NPs in crowded solutions can be described as a
superposition of the activated hopping and the slow relaxation

Figure 1. Particle tracking experiment and results. (A) An experimental image (top) of the typical trajectory (red line) of a NP (d = 200 nm) in a
0.8 wt % (20c*) 8 M PEO solution. This trajectory is illustrated by the color-coded speed with a 5 ms time step (bottom). The color bar from blue
to red represents the speed from 1 to 29 μm/s. (B) The intermittent hops are highlighted by large displacements Δr/σ, where σ is the standard
deviation of the displacements.

Figure 2. (A) The measured MSDs of 200 nm NP in 2 M (empty) and 8 M (solid) PEO solutions. The overlap concentrations are c* = 0.10 and
0.04 wt % for 2 and 8 M PEO, respectively. The slope of 1 is drawn to show the linear long-time regime. (B) The fits of measured MSDs by the
Maxwell model for 8 M PEO. (C) The storage and loss moduli (MW = 8 M, c = 20c*) that were obtained from the rheological measurement offer
a way to estimate τrep = 1/ωc, where ωc is the angular frequency at the crossing point of two moduli. (D) The measured τrep as a function of PEO
concentrations for 8, 4, 2, 1, and 0.6 M PEO, respectively. The solid curves are the theoretical predictions based on τrep = τ0N

3/Ne(1)c
3(1−v)/(3v−1)

for each MW.
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of the polymer solution. We will reveal the distinct time-
dependent non-Gaussian stochastic behavior of the activated
hopping in crowded solutions, which is different from regular
hopping diffusion in dilute solutions. We further propose a
scaling law to recognize the dimensionless activated hopping
time scales, which might be helpful to estimate the occurrence
of the activated hopping in different systems.

■ RESULTS AND DISCUSSION

In our experiment, we measured the motions of fluorescent
polystyrene NPs (Thermo-Fisher) in poly(ethylene oxide)
(PEO, Sigma) aqueous solutions by particle tracking
microscopy (Figure 1A). We conducted statistical analysis
based on the particle tracking results to quantify non-
Gaussianity based on DPD, which is hardly provided by
other techniques including dynamic light scattering. The
particle tracking (see the Experimental Methods for more
details) was performed as illustrated in our previous work.21

The experiments were carried out by varying NP size
(diameter d from 100 to 500 nm), PEO molecular weight
(MW from 0.6 to 8 M Da), and PEO concentration (c from
5c* to 40c*, where c* is the overlap concentration34). PEO
molecules tend to entangle with each other when the
concentration c exceeds the entanglement concentration ce =
Ne(1)

0.75c* ∼ 7c* (Ne is the number of Kuhn monomers in an
entanglement strand, and Ne(1) ≈ 14 in the melt).2,34 The
positions of the NPs in the image were determined with a
subpixel precision (160 nm/pixel for Andor 897 EMCCD),
with a resolution of the measured MSD reaching approx-
imately 0.002 μm2.
As shown in Figure 1A, in the highly crowded solutions used

in the present experiments, unusual long-distance motion of
the NP still exists, which occurs between the “rattling” motions
of the NP (more examples of such long displacements of
different NPs are shown in Figure S3). The long displacements
are considered to be the direct signals of the hopping behavior
of the NPs.11,20,21,35 The trajectory implies that the NP moves
in a waiting-hopping manner; i.e., the NP needs time to hop as
it is strongly confined by the crowded polymer networks. We
measure the temporal variation of the displacements (Figure
1B) to highlight the intermittent long-distance hops. In
contrast to the dilute solutions, the diameter of the NP is
usually larger than the typical entanglement length scale,
termed tube diameter dt, in the present PEO solutions. Thus,

we focus on the hopping behavior of the “large” NPs subjected
to the constraints in the entangled polymer solutions.
From the NP’s trajectories, the ensemble-averaged MSD can

be calculated. Figure 2A presents the measured MSDs of 200
nm NP in 2 and 8 M PEO solutions (c = 5−20c*) as examples.
Each curve experiences a transition from the short-time
sublinear regime to the long-time linear regime, similar to
what exists in dilute solutions.21 The NP’s MSDs are
subdiffusive at short times as the NP is confined by the
crowding. After a crossover time (τc), the MSD recovers to the
long-time Fickian behavior. Like the “anomalous yet Fickian”
phenomenon,19,20 the long-distance hops result in anomalous
behavior that is characterized by the DPD and the non-
Gaussian parameter as we will analyze later. To determine the
crossover time, here we introduce the Maxwell model of the
non-Newtonian fluid to fit the experimental data of the MSDs
with a single crossover time,36,37

π
τ⟨ ⟩ = +r t

k T
dG

t( ) ( / 1)2 B

e
c

(1)

where kB is the Boltzmann constant, T = 298 K is the room
temperature, and Ge is the plateau modulus measured from
bulk rheology. The measured MSDs are consistent well with
the fit curves (Figure 2B), by which we can accurately obtain
the crossover time τc (the data of measured τc can be found in
Section S2).
In addition, reptation time τrep is known to be the typical

relaxation time scale after which the diffusion exhibits a long-
time linear behavior.38,39 The bulk rheology measurement
obtaining the storage and loss moduli offers a way to measure
the reptation time τrep = 1/ωc, where ωc is the angular
frequency at the crossing point of two moduli (Figure 2C).
The measured τrep for various MW and c are presented in
Figure 2D to show good agreement with the theoretical
prediction τrep = τ0(N

3/Ne(1))c
3(1−ν)/(3ν−1) (N = MW/M0, the

number of Kuhn monomers per chain; M0 = 140, the Kuhn
monomer molar mass of PEO; ν = 0.588, the Flory
exponent).2,34

However, we notice two essential differences in our
measured results shown in Figure 2 compared with previous
results in dilute solutions. First, we observe an enhanced
diffusivity of NPs due to the long-distance hops. Figure 3A
shows the variation of the normalized diffusivity Dm/D0 (D0 is
the diffusivity in pure solvent) against the normalized

Figure 3. Essential differences of the NP’s diffusion measured in crowded solutions compared with previous results in dilute solutions: (A) The
enhancement of the measured diffusivity Dm/D0. The solid curve is the hydrodynamic model, and the dotted curves fit the tendency of the
diffusivity of 2, 4, and 8 M solutions, respectively. Larger values of Dm/D0 associated with higher MWs suggest the additional contribution of long-
distance hopping in crowded solutions. (B) The earlier transition shown by the comparison between the measured crossover time (τc, solid
symbols) and the corresponding reptation time (τrep, empty symbols). Smaller τc indicates the earlier transition. The error bars are estimated on the
basis of the measurement uncertainties. (C) A schematic illustration about the influence of NP’s activated hopping motion on the MSD, leading to
an earlier transition and an enhanced diffusivity as observed in our experiments.
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concentration c/c*, which clearly shows the enhanced diffusion
of NPs when the molecular weight is sufficiently large (MW ≥
2 M). We observe that the experimental data when c/c* > 10
shift upward from the commonly used hydrodynamic model
for dilute solutions38,40 (solid curve in Figure 3A: Dm/D0 =
exp[−0.8(c/c*)0.76]). As shown by the colorful dotted curves,
the enhancement of the diffusivity when MW ≥ 2 M is
observed to be MW dependent. We stress that this enhanced
diffusivity due to the long-distance hops in crowded solutions
cannot be explained by the regular hopping in dilute solutions,
because the network mesh of the confinement cage is smaller
than the NP. In crowded solutions, the NP’s diffusive motion
was usually considered to be affected by the flow of the
surrounding polymer liquids described by the hydrodynamic
model.21,22,37,38 However, Figure 3A clearly indicates a new
mechanism causing the long-distance hops and the MW-
dependent enhancement of the diffusivity beyond the
prediction of the existing model. The contribution of this
mechanism becomes noticeable when MW ≥ 2 M, suggesting
the effect of a critical value of MW.
Second, as a relaxation time characterizing the transition

from the subdiffusive regime to the long-time linear regime, the
reptation time τrep is supposed to be equivalent to τc, which has
been verified in dilute solutions.21,37 However, Figure 3B
shows that in crowded solutions as used in the present
experiment the crossover time τc obtained from MSD becomes
unexpectedly smaller than τrep once MW exceeds 2 M (τrep and
τc are measured, respectively, as shown in Figure 2, and their
values are provided in Section S2). For 8 M PEO, τc is about 1
order of magnitude smaller than τrep. This MW-dependent
earlier transition indicated by crossover time τc, combined with
the aforementioned MW-dependent enhanced diffusivity,
depicts an extra contribution of the long-distance hops on
MSD compared with the reptation model as schematically
demonstrated by Figure 3C. The experimentally measured
MSD curve ⟨r2⟩exp (purple solid curve) appears to shift upward
from the reptation prediction ⟨r2⟩rep (blue dashed curve).
Except for the above anomalies, we further employ DPD to

identify the statistical characteristic of the long-distance
hopping motion in crowded polymer solutions (Figure 4A).
The larger hopping displacements, corresponding to the larger
Δx/σ in Figure 4A, result in the non-Gaussian “fat tailed”
DPD. Therefore, we are able to evaluate the occurrence of the
hopping behavior based on the “fat tailed” DPD. According to
the probability density function of a standard Gaussian

distribution of a variable y: = [− ]
π

G y y( ) exp /21
2

2 , we

substitute y = Δx/σ into it to establish the standard Gaussian
d i s t r i b u t i on o f t h e no rma l i z e d d i s p l a c emen t

σ= [− Δ ]
π

G xexp ( / ) /2s
1
2

2 . Compared with the standard

Gaussian distribution, the deviation at the fat tail (Δx/σ > 3 in
Figure 4A) represents a considerable increase of the
occurrence of the long-distance hop. This tail distribution
decays linearly on the logarithmic plot (implying Gs ∼
exp[−Δx/σ]) with a slope varying from −1.9 to −2.6,
showing an intriguing behavior similar to the “diffusing
diffusivity”.41 Furthermore, we observe a clear two-stage
variation of the tailed distribution. As shown in Figure 4A
for 200 nm NPs in 8 M PEO (c = 20c*), the fat tail becomes
more obvious when t exceeds ∼0.1 s, whereas it declines
gradually when t is approximately >1.5 s so that the DPD
eventually returns to be Gaussian.
It is a common practice using the non-Gaussian parameter,

α = (⟨Δx4⟩/(3⟨Δx2⟩2)) − 1, to quantitatively describe the
time-varied non-Gaussian trend.5,18 We will show below that
the variation of α in the present experiment not only depends
on NP size and PEO MW and concentration but also manifests
a distinct behavior compared with the regular hopping
diffusion. Generally, α = 0 represents a Gaussian process, for
instance, a simple Brownian motion. The positive values of α
in the present study indicate the existence of the non-Gaussian
“fat tails” (Figure 4B). The more positive α, the more obvious
is the fat tail. We observe that the non-Gaussianity usually has
a range of 0.1 < α < 0.3 in the present experiments, which is
significant enough compared with the values of α = 0.05−0.1
in previous experiments or simulations in polymer solu-
tions.21,42 Figure 4B shows the influence of PEO concentration
and NP size on α at a fixed molecular weight of 8 M. At low
concentration c = 5c* (orange solid curve), the values of α are
from 0 to 0.05, showing a very weak non-Gaussianity
considering the measurement uncertainty (±0.04 to ±0.1).
Therefore, we conclude with confidence that the results with α
≥ 0.1 are clearly non-Gaussian. As the concentration increases,
all curves of c ≥ 10c* exhibit an ascent stage of α at short
times, followed by a descent stage at long times. Previous
works have shown that in regular hopping diffusion in dilute
solutions the non-Gaussianity α maintains a constant value of
approximately 0.1.21,42 Thus, this ascent-to-descent two-stage
variation of α is a distinct statistic characteristic of the long-

Figure 4. Non-Gaussian statistical behaviors of hopping. (A) The normalized DPD (positive half) vs Δx/σ of a 200 nm NP in an 8 M PEO
solution (c = 20c*) from t = 10 ms to t = 6 s. The dashed curve is the standard Gaussian distribution. (B) The comparison of the temporal variation
of non-Gaussian parameter α in 8 M PEO solutions. Open circles and closed circles are plotted to show the relaxation time τe (τe = τ0Ne

2 ∼ c−2.64)
and the reptation time τrep [τrep = τ0(N

3/Ne(1))c
3(1−ν)/(3ν−1) ∼ c1.5MW3], respectively. (C) The influence of MW on α. The error bars are based on

the standard deviations of the measured data. Here, (B) and (C) demonstrate that the beginning time of the descent stage of the non-Gaussianity is
positively correlated to both MW and c, while the onset time of the ascent stage is only sensitive to c.
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distance hopping in crowded solutions. The three solid curves
illustrate that the plateau value of α gets higher with the
increasing concentration. At short times t ∼ 10−2−10−1 s, α of
20c* is larger than that of 10c*. If we choose an α of
approximately 0.1 as the beginning of a clear ascent stage, we
observe an earlier onset of the ascent stage with a higher
concentration like c = 20c*. Contrarily, the beginning of the
descent stage of 10c* (∼0.5 s) is earlier than that of 20c* (>1
s). This temporal variation was considered to be an important
factor to unveil the anomalous events and to distinguish
dominant mechanisms.43 We find that the beginning of the
ascent stage and the descent stage are closely related to the
local relaxation time τe (τe = τ0Ne

2, where τ0 is the relaxation
time of a monomer) of an entanglement strand34 and the long-
time relaxation time τrep [reptation time τrep = τ0(N

3/Ne(1))
c3(1−ν)/(3ν−1)],2,34 respectively. We mark τe and τrep in Figure 4B
with open and closed circles, respectively, to show that they are
indeed good indicators of the ascent and descent stages. The
mechanism of why τe and τrep are involved will be discussed
later. It is worth noting that τe monotonically decreases with
the concentration (τe ∼ c−2.64) but τrep monotonically increases
with c and MW (τrep ∼ c1.5MW3), which is also in accordance
with our observation. In addition, from the two dashed curves
in Figure 4B, we can tell that smaller NPs are more likely to
hop and thus cause larger non-Gaussianity. For instance, the
non-Gaussian parameter α of 100 nm NP (green dashed
curve) is up to 0.5, indicating that the non-Gaussianity of the
hopping diffusion is significantly larger than the predicted
values in previous theoretical works.28,30

Figure 4C presents the results of different molecular weights
at a fixed concentration of 1 wt %. The ascent-to-descent two-
stage variation also emerges, with α increasing with the
molecular weight. According to Figure 4B,C combined, the
long-distance hopping events in our experiments, as charac-
terized by the relatively high non-Gaussianity, mainly occur at
intermediate times. All curves of Figure 4C in the ascent stage
display a similar trend, suggesting the weak influence of MW
on the onset time of the ascent stage, although the decay of the
non-Gaussianity starts later for a larger MW. Therefore, we can
conclude that the beginning time of the descent stage of the
non-Gaussianity is positively correlated to both molecular
weight MW and concentration c, while the onset time of the
ascent stage is only sensitive to the concentration. This result
therefore suggests the influences of the entanglement time τe
and the reptation time τrep on the beginning times of the ascent
stage and the descent stage, respectively, as τrep is dependent
on both MW and c while τe is not influenced by MW.
The above experiments have provided results in three

aspects to characterize the long-distance hopping of large NPs
(d > dt) in entangled polymer solutions. First, we observe
intermittent long-distance hops occurring between the
“rattling” motions of the NPs. Second, we find an enhanced
diffusion (Figure 3A,B), which is attributed to the long
hopping displacements. The enhancement of the MSD
simultaneously causes an upward shift and an earlier transition
of the measured MSD, as shown in Figure 3C. This shift
demonstrates an extra contribution beyond the prediction of
the well-established reptation model.26 Third, we reveal an
ascent-to-descent two-stage variation of the non-Gaussianity α
at intermediate times. This statistic feature in crowded
solutions is distinct from the behavior of the regular hopping
in dilute solutions. Among the above results, the shift of the
MSD and the ascent-to-descent non-Gaussianity appear to be

different from the regular hopping in dilute solutions. Taken
together, these results suggest a new mechanism of the long-
distance motion under the confinement of the crowded
environment.
We argue that the thermally induced activated hopping is

responsible for the long displacement observed in the
experiments.23,26,44 To diffuse in such crowded solutions, the
NPs can either intermittently hop between confinement
network cages or passively move with the surrounding polymer
liquids. As the network mesh size is usually much smaller than
the NP’s diameter in crowded polymer solutions, the most
possible mechanism for NPs to hop is by thermally induced
activated hopping rather than regular hopping. The micro-
scopic process of the activated hopping can be understood as
the polymer chains slip around the NP and adjust the structure
to open a loop between two neighboring confinement cages.23

The NP needs to overcome an energy barrier in this process to
intermittently hop through the open loop, which is mainly due
to elastic deformation of the network strands during the
activated event.26 The two-stage time-dependent non-
Gaussianity excludes the activated hopping either at short
times or at long times, which could be explained from the
perspective of time scale. First, the NPs have to wait for a
proper time to trigger an activated hop. The microscopic
restraint from the adjacent network cage can be characterized
in terms of the local relaxation time τe of the confinement
chains. We can only detect the activated event of NP breaking
through the confinement cage when t > τe, associated with the
ascent stage of the non-Gaussianity. Second, the descent stage
is a result of the long-time restoration to Gaussianity. Such
restoration corresponds to the slow relaxation of the polymer
chains with a reptation time scale τrep. The competition
between the activated hopping and the slow relaxation governs
the long-time dynamics when the non-Gaussianity starts to
decay. According to the observations in Figure 4B,C, the onset
time of the ascent stage is approximately the entanglement
time τe (τe ∼ c−2.64) while the beginning time of the descent
stage is the reptation time τrep (τrep ∼ c1.5MW3). Thus, the clear
non-Gaussianity caused by the activated hopping emerges
when τe < t < τrep.
It is then natural to ask how to estimate the time scale of

such activated hopping. On the basis of the above analysis, we
emphasize that the NP’s motion when t > τe can be considered
as a superposition of the activated hopping and the long-time
reptation. As illustrated by Figure 3C, the activated hopping
causes a shift of the MSD curve from the reptation prediction
⟨r2⟩rep (blue dashed curve) to the experimentally measured
value ⟨r2⟩exp (purple solid curve). Therefore, we use eq 2 below
to estimate the extra contribution ⟨r2⟩hop due to the activated
hopping by the shift of the MSD:26

⟨ ⟩ = ⟨ ⟩ + ⟨ ⟩r t r t r t( ) ( ) ( )2
exp

2
rep

2
hop (2)

This relation is extended from Cai et al.’s theory26 and has just
been applied to entangled polymer solutions.45 On the basis of
the model of Maxwell fluids, we can approximately define the
linear MSD scaling at long times on the basis of the reptation

time: ⟨ ⟩ ≈
π τr t( ) k T

dG
t2

rep
B

e rep
. However, due to the activated

hopping, the experimentally measured MSD manifests an
earlier transition (τc) and deviates from the above prediction:

⟨ ⟩ ≈
π τr t( ) k T

dG
t2

exp
B

e c
. As a result, using τc, τrep, and τhop as the
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typical time scales of each MSD term, respectively, eq 2 can be
simplified to

τ τ τ≈ +1/ 1/ 1/c rep hop (3)

With τc and τrep obtained in the experiments (Figure 3B), the
value of τhop can be evaluated (the data of τhop are provided in
Section S3). Our approach can be applied to a wide range of
solutions, for instance, 1−8 M PEO with concentration c/c* =
10−40. The concept of this approach based on the Maxwell
model and the relaxation time scales might be extended to
other complex fluids.
On the basis of the calculated values of τhop, we now propose

a scaling law to link the dimensionless time τhop/τe and the
dimensionless size d/dt:

τ τ λ= d d/ exp( / )hop e t (4)

The parameter λ is about 1.3 by fitting (here, the root mean
squared error (RMSE) is less than 1, and the R-square
coefficient is approximately 0.8). In Figure 5, the measured

data display good agreement with the tendency of the solid line
from this scaling law in the range of 1 < d/dt < 6. In contrast to
the narrow range around d/dt ≈ 2 mentioned in previous
works,45 our results reveal the characteristics of the activated
hopping in a much wider range. Equation 4 is also in line with

the theory of Cai et al.,26 which demonstrates the mechanism
that NPs can overcome the strong confinement of the
entangled networks by thermally induced activated hopping.
Equation 4 can be elucidated by the concept of energy
landscape. The waiting-hopping behavior shown in Figure 1A
indicates the NPs hop between entangled network cages. The
energy barrier ΔG for the activated hopping can be described
on the basis of the Boltzmann description of the activated
phenomenon,32 thus yielding the hopping frequency f hop = 1/
τhop ∼ exp(−ΔG/kBT), consistent with eq 4. This exponential
relation of the hopping frequency is also found to be similar to
the Arrhenius relation, which might be used to phenomeno-
logically describe how the activated events are related to the
energy barrier in different systems.35 We notice that the
prefactor λ = 1.3 in eq 4 is usually 1 order of magnitude smaller
than the energy barrier term exp(d/dt), suggesting that the
activated hopping is mainly influenced by the energy barrier
rather than the prefactor.
The energy barrier can be estimated by considering the

elastic deformation energy due to slipping or stretching of
some strands around the NP, though theoretical consensus has
not been reached yet. One might estimate the deformation
energy by including all the network strands affected by the NP
in its occupied volume, which is thus assumed to follow d3/
dt

3.44 While a theoretical model of Rubinstein’s group
proposed linear dependence of the energy barrier on
dimensionless size d/dt.

23,26 Analogous to the Boltzmann
relation 1/τhop ∼ exp(−ΔG/kBT), the scaling of eq 4 [τhop ∼
exp(d/dt)] suggests that the energy barrier is linearly
proportional to the dimensionless NP size, i.e., ΔG ∼
kBT(d/dt), rather than varying with the NP volume (∼d3).
The linear dependence of ΔG ∼ kBT(d/dt) here implies that it
is not necessary for all strands to deform in the same way
during a single activated hopping event. Note that for small
barriers Dell and Schweizer showed that the dependence on d/
dt was of a power law form with an exponent much less than
3.44 Therefore, for “large” NPs (d/dt > 1) in entangled
solutions, the linear dependence results in a lower energy
barrier compared with a cubic relation based on the NP’s
volume. This result explains that the energy barrier of smaller
NPs is much lower so that smaller NPs can hop more easily

Figure 5. Scaling law of ln(τhop/τe) vs d/dt for different NPs in various
PEO solutions. A solid line with a slope of unity is given to show the
exponential equation τhop/τe = λ exp(d/dt).

Figure 6. Competition between hopping dynamics and polymer relaxations based on their time scales. (A) A comparison between τhop/τe (colorful
curves) and τrep/τe (black solid curve), showing the competition between hopping dynamics and polymer relaxations. The activated hopping occurs
in the solid section of each colorful curve in the bright region. The dashed horizontal line represents a threshold τhop = τe below which activated
hopping cannot occur. (B) A phase diagram showing the comparison among τhop (different symbols), τe (black solid curve), and τrep (dashed curves
with different colors), by which different regions are obtained to characterize the NP dynamics. Different colors represent different molecular
weights: 8 M (red), 4 M (cyan), 2 M (green), 1 M (purple), and 0.6 M (olive). The hopping behavior exhibiting the two-stage non-Gaussianity is
only observed when τe < τhop < τrep, as displayed by the solid symbols. Empty symbols represent the cases in which the hopping motion was not
detected. The yellow region means t < τe where hopping cannot occur as NPs are still constrained by the entanglements. The gray horizontal line
represents the time resolution t = 5 ms in the present experiment.
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than larger ones, as shown in Figure 4B. The measured data
become more scattered when d/dt is approximately <2,
because the above explanation based on large NPs (d > dt)
becomes invalid.
Also note that the exponential scaling law of the thermally

activated hopping exists in many other systems like nanocryst-
als, glassy materials, and hydrogels;31,32,35,46,47 our finding is
helpful to better understand the activated hopping mechanism
in crowded systems. For the practical application of nano-
medicine, the temperature effect has been shown to improve
drug delivery.48,49 In the regular diffusion, an increase in
temperature will decrease the viscosity of medium and thus
enhance the diffusion. In crowded solutions, an increase in
temperature could work differently from a synergetic effect,
combining the activated hopping and the decreased viscosity.
According to the Boltzmann description of the activated
frequency, i.e., f hop = 1/τhop ∼ exp(−ΔG/kBT), an increase in
temperature can trigger more activated events, which might
provide a new mechanism to enhance the delivery of
nanomedicines in crowded biological microenvironments.
We then provide Figure 6A based on the dimensionless

results to elucidate when the activated hopping occurs. The
criterion of the hopping-dominant region, i.e., τe < τhop < τrep,
excludes the possibility of hopping in the dark region above the
black solid curve and the region below the gray dashed line.
For instance, for the dashed curves of 0.3−0.6 M solutions, τhop
is even larger than τrep, which means the solutions have been
dominated by reptation before any activated hopping occurs.
The activated hopping with non-Gaussian DPD can only occur
in the solid section of each colorful line in the bright region.
This is in good agreement with our observation of the non-
Gaussian hopping behaviors in 2−8 M solutions when
concentration c ≥ 10c* (Figure 3). Figure 6A illustrates that
higher MW facilitates the occurrence of the activated hopping
as observed in our experiments, in accordance with previous
theoretical predictions.26,28,45 The onset cutoff concentration
around c/c* ∼ 10 will increase with the deceasing MW. Note
that for the 1 M solution there is a termination cutoff
concentration at about c/c* = 43, beyond which the hopping
diffusion will hardly occur as the reptation becomes dominant.
We underscore that increasing c or MW or decreasing d will
enhance the contribution of the activated hopping. This result
offers more means to generate long-distance motion in a
crowded environment rather than an increase in temperature
only.
We summarize our experimental data of τhop in Figure 6B

based on the framework of Figure 6A. In Figure 6B, the cases
in which clear hopping motion results in two-stage non-
Gaussianity are marked by solid symbols. The solid curve is τe,
which is independent of the molecular weight, and the dashed
curves represent the experimentally defined values of τrep in
various PEO solutions. The yellow region means t < τe, where
activated hopping cannot occur as NPs are still constrained by
the entanglements. For 2−8 M solutions, the activated hopping
behavior with non-Gaussian fat-tailed DPD occurs when τe <
τhop < τrep, which means the solid symbols should locate
between the solid curve (t = τe) and the corresponding dashed
curve (t = τrep) with the same color. It is noted that two solid
symbols (a red triangle for 8 M at c = 0.4% and a green
diamond for 2 M at c = 1%) are not strictly located on the right
side of the solid curve. Considering the measurement
uncertainty as marked by the error bars, however, we believe
that they actually satisfy the statement above. For 1 M

solutions, there exists one solid symbol at c = 3.6% (c = 20c*),
which falls into the range of our prediction that hopping might
be detected approximately at 20 < c/c* < 35 (the solid part of
the purple curve in Figure 6A). For another symbol of 1 M
solution at c = 4.5% (c = 25c*), we mark it as empty because
the measured non-Gaussian parameter α is below 0.05, and we
are unable to discern if activated hopping occurs by the two-
stage variation of α. For 0.6 M solutions, we do not detect
noticeable non-Gaussian activated hopping behaviors, as
predicted from Figure 6A. The above result sheds light on
the enhancement of “rare” long-distance hopping that might
play a critical role of biofunctioning in crowded biological
systems and drug delivery in nanomedicines.20,25,50−53 Real
biological systems are more complicated than the PEO
solution mentioned here. Nonetheless, many crowded bio-
logical systems display characteristics similar to crowded
polymer solutions, for example, their macromolecular nature,
viscoelasticity, and heterogeneous microscopic structures.
Thus, we believe that the activated hopping could occur as
well in these biological systems and serve as a new microscopic
mechanism to enhance the local transport. The activated
hopping and its effect of overcoming strong local confinement
might be further strengthened by introducing excitation from
external fields like temperature or ultrasound.54,55

■ CONCLUSION
In summary, we clarify the non-Gaussian stochastic nature and
the time-dependent activated hopping dynamics of NPs in
crowded polymer solutions. We observe the long-distance hops
of NPs that were thought to be unlikely in crowded solutions.
These long-distance hops cause an enhancement of the
diffusivity and the MSD beyond the prediction of the existing
models and an ascent-to-descent two-stage variation of the
non-Gaussianity distinct from the statistic behavior of the
regular hopping diffusion in dilute solutions. Therefore, we
identify the thermally induced activated hopping as a new
mechanism and a non-negligible source for NP’s diffusive
motion in the crowded solutions. The diffusion of NPs in a
crowded solution can be deemed as a superposition of the
activated hopping and the slow relaxation with the surrounding
solutions. The microscopic mechanism of the activated
hopping can be understood as the polymer chains slip around
the NP to open a loop between two neighboring confinement
cages, and the NP hops through the loop by overcoming an
energy barrier.
To characterize the activated hopping, we examine the time

scale of the activated hopping and demonstrate the activated
hopping based on statistical analysis. The ascent-to-descent
two-stage non-Gaussianity reveals the competition among the
short-time relaxation of the local entanglement cage, the
activated hopping dynamics, and the long-time relaxation. We
therefore propose an exponential scaling law τhop/τe ∼ exp(d/
dt) to characterize the hopping time scale. The activated
hopping motion of large NPs in entangled polymer solutions
can be observed only when τe < τhop < τrep, which is triggered
by overcoming the free energy barrier ΔG ∼ kBT(d/dt) in the
thermally activated process. This energy barrier is found to be
linearly proportional to the dimensionless NP diameter rather
than varying with the NP volume. In addition, the occurrence
of the activated hopping is found to depend on the NP size and
the polymer MW and concentration. In contrast to the regular
hopping in dilute solutions, the thermally induced activated
hopping acts as an extra affect to enhance local transport in
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crowded solutions with proper parameters such as smaller NPs
or higher MWs. Our approach in the present study based on
the basic relaxation times and typical length scale might be
applied to other complex systems with mesoscopic structures,
and our findings expand the insight into the anomalous
activated hopping in crowded environments from biological
macromolecular systems to porous media. At present, we use a
well-controlled model system to investigate the fundamental
mechanism regarding the NP’s diffusion. It is truly worthwhile
to work with real biological media in the future study.

■ EXPERIMENTAL METHODS
Preparation of NP-Dispersed PEO Solution. NP-

dispersed PEO solutions were prepared by adding both PEO
powders (Sigma-Aldrich) and fluorescent polystyrene NPs
(Thermo-Fisher) in deionized water (Milli-Q). Then, they
were adequately mixed by a shaker with a rate of ∼60/min for
3−10 days. The volume fractions of the NPs are ultralow
(10−4−10−6%), and the particle−particle interaction was
rationally neglected. In the blending process, the containers
were wrapped by aluminum foil to minimize the loss of
fluorescence and the polymer degradation. The prepared
samples were maintained for at least 2 days at room
temperature before performing the experiment. In addition, a
homemade PDMS cell sealed by two coverslips was fabricated
to encapsulate the sample solution to avoid evaporation and
creep deformation of the sample solution. This simple device is
presented in Figure S1.
Particle Tracking Experiment. A particle tracking

experiment was performed using an inverted fluorescence
microscope (Olympus IX71) with a 100×/1.40 oil immersed
objective. A sensitive EMCCD (Andor 897, 512 × 512 pixels)
was used to record the images. Using a 100× objective, the size
of a single pixel in the image was approximately 160 nm. The
experiment was performed in the subimage mode to fast record
the frequency, in which the image field of view was fixed to be
250 × 80 pixels (approximately 40.0 × 12.8 μm). The fastest
record frequency in the current experiments was 200 frames
per second, corresponding to about a 5 ms interval between
two consecutive images. With the help of a piezo-transducer
(Physik Instrument) mounted under the objective, the focus
plane of the objective was located more than 10 μm above the
solution−glass interface to avoid wall interruption. The raw
images of 100 and 40 nm NPs in the current experiment are
shown in Figure S2a,d. The observations were performed at
20−40 different positions. At each position, an image sequence
containing 3000−8000 frames was captured. The motion of an
individual particle was then identified and tracked from the
acquired image sequences with ImageJ software and a house-
written Matlab algorithm. For each case, typical raw data of
hundreds of thousand NP positions as a function of time were
obtained from hundreds of fluorescent NPs. For most cases,
three independent experiments were performed to ensure the
reproducibility of the measurements. Details of the measure-
ment uncertainty can be found in Section S4.
Image Process. The image process contained three

procedures: image filtering, particle identification, and particle
tracking. First, image filtering was used to reduce the image
noise. Methods like “Gaussian blur” and “contrast sharpen”
were used to enhance the spot of the NP in the images (Figure
S2b,e). Filtering using proper threshold gray scale value was
sufficient to remove the noise. Figure S2c,f shows very good
contrast that enabled us to precisely determine the position of

the NP center. After that, for the particle identification, the
program first calculated the contour map of the gray scale value
and found out the peak region of the particle center position.
Then, a fit of the gray scale values in this area based on
Gaussian distribution was recorded as the particle center.
Theoretically, this method could reach a subpixel precision of
determining a NP’s horizontal center position. After identifying
NPs in each image, the program started tracking NPs between
successive frames. In this procedure, an area of about 10 × 10
pixels around each particle center was picked out as a search
region. The NP appearing in the same search region in the next
frame was considered as the same NP. This method works well
when the NP concentration is diluted such as in our case, and
if there were more than one NP appearing in the same search
region, the tracking process would be terminated to avoid the
influence of particle collision and particle−particle interaction.
The NP displacement can be calculated from the position
variation between two consecutive images with a precision
about 30 nm.

Bulk Rheological Measurement. Bulk rheological
measurements of PEO solutions were performed using a
rheometer (Physica MCR301, Anton Parr GmBH) with a
cone−plate geometry (50 mm, 0.3 rad). The viscosities η were
measured at the shear rate of 0.01−3000 s−1 (Figure S3). The
storage G′ and loss G″ moduli as a function of angular
frequency (ω) were measured in dynamic oscillatory experi-
ments, by which we obtained the reptation time τrep as shown
in Figure 3b. These oscillatory measurements were conducted
in the predetected linear viscoelastic regime with a constant
strain of 4%. All the measurements were conducted at 25 °C
maintained by a Peltier stage.
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